
Quantitative phase analysis in electron holographic
interferometry
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Holographic interferometry in an electron microscope and its phase analysis technique are described. The
fringe scanning method is used to gain high sensitivity in phase detection. An example of measuring a
magnetic field of a fine particle is presented. The measurement accuracy for median filtering is about 1/70
fringe corresponding to the magnetic flux sensitivity of 6 X 10-17 Wb. Noise reduction techniques are also
discussed.

1. Introduction

Holography has been successfully used in an elec-
tron microscope since the field-emission electron mi-
croscope was developed.1 -3 This microscope differs
from a conventional electron microscope in two re-
spects: a field-emission electron gun provides a coher-
ent electron beam and a Mollenstedt-type electron
biprism is used as a wavefront beam splitter for record-
ing holograms.

In an earlier stage of the electron holography tech-
nique, correction of spherical aberration in an electron
optical system was a major objective to improve its
spatial resolution. 6 Then a 3-D imaging technique, a
phase-contrast method, and an interferometric tech-
nique 7 were discussed. Among applications of elec-
tron holography, electron holographic interferometry
promises to make unique contributions. With it
thickness variations and magnetic field distributions
in a microscopic region can be detected.

To gain high sensitivity in interferometric phase
measurement, the use of the optical phase amplifica-
tion techniques 9 was discussed to obtain tenfold am-
plification of the reconstructed phase by using higher
diffraction orders.710 Recently Takeda et al., used
the FFT method of subfringe analysis for electron
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holographic fringes.1' They described phase varia-
tions much smaller than 2 r that could be detected
without recourse to optical reconstruction or optical
interferometric measurements.

In this paper, using the fringe scanning technique for
fringe analysis of an electron interference hologram is
discussed. It gives us high sensitivity and high spatial
resolution in phase measurement. The quantitative
phase measurement technique in electron holographic
interferometry is useful for magnetic field measure-
ments in the microscopic region as well as for small
thickness variation evaluation. We first present a
brief review of electron holographic interferometry
and then discuss the use of the fringe scanning tech-
nique.

II. Electron Holographic Interferometry

A. Electron Holography

A schematic diagram of an electron holographic sys-
tem is shown in Fig. 1. A specimen is positioned in
one-half of a collimated beam; the other half is used as
the reference beam. An image of the specimen is
formed through an objective lens. A M6llenstedt-
type electron biprism is situated between the objective
lens and the image plane. The M6llenstedt biprism is
composed of a central thin wire and two ground-poten-
tial electrodes on both sides. Application of a positive
electric potential to the wire makes the image and the
reference beam overlap giving interference fringes.
The interference fringe pattern is magnified by a mag-
nification lens and recorded on film as an electron
hologram.

By using an optical system an image of an electron
hologram can be reconstructed, as shown in Fig. 2. A
hologram is illuminated by a collimated monochro-
matic light. An electron objective lens has a very large
spherical aberration, which limits the resolution of the
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Fig. 1. Schematic diagram of an electron hologram recording.
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Fig. 2. Optical reconstruction system of an electron hologram.
Phase difference amplification is done by using higher-order dif-

fracted waves.

electron microscope. When this spherical aberration
needs to be reduced, a correction lens is used in an
optical reconstruction system to compensate the
spherical aberration of the electron optics.

B. Phase in Reconstructed Image

In an optically reconstructed image, the phase of the
transmitted electron beam is also reconstructed. Su-
perimposing a plane reference wavefront on the recon-
structed image gives an interference fringe pattern
corresponding to the phase contours of the object. In
an optical reconstruction system for the interference
microscope based on the electron holography, two col-
limated laser beams coherent with each other illumi-
nate a hologram, so that the plus Kth order and the
minus Kth order reconstructed images make a phase-
difference amplified interference pattern by a factor of
2K. As described later, a combination of the first- and
zero-order diffracted waves is used to obtain an inter-
ferogram without phase amplification.

The phase difference between an object beam and a
reference beam is caused by two sources: thickness
variation and magnetic flux. The effective refractive
index n of a nonmagnetic specimen can be derived as

n = 1 + Vo/250, (1)

where Vo is the mean potential of the specimen and 00
is the initial electron potential. Thus the phase
change due to thickness variation d is given by

AO = n d. (2)

The phase difference resulting from the magnetic flux
is described by

AO =-2r * e/h f BndS, (3)

where e is the electron charge and h is Planck's con-
stant. According to Eq. (3), a 27r phase difference or
one fringe in an interferogram corresponds to a closed
magnetic flux of hie = 4 X 10-15 Wb. This value

PZT

Fig. 3. Schematic diagram of hologram reconstruction and fringe
analysis.

represents high sensitivity compared with that of any
other conventional field-measurement techniques.

Ill. Phase Analysis

A. Procedure and Experimental Apparatus

Figure 3 is a schematic of the setup for reconstruct-
ing an electron hologram and making the fringe scan-
ning phase detection of the reconstructed image. In
the first experiment presented, the zero-order diffract-
ed wave is used as the reference beam and so the plus
first-order and the zero-order diffracted waves are su-
perimposed to obtain an interference fringe pattern.
One of the reconstructed beams is phase shifted with a
PZT driven modulation mirror, so that the phase of the
interference fringe pattern is adjusted to make phase-
sensitive detection. When making phase-difference
amplification of the reconstructed image, we superim-
pose the plus and the minus first orders of diffraction
to obtain an interference fringe pattern with the twice-
amplified phase distribution.

The interference fringe pattern is detected with a
high-resolution low-distortion TV camera and is
stored in a frame memory. Fringe data are transferred
to a minicomputer. The PZT transducer is controlled
by a minicomputer via a D-A converter.

B. Algorithm

Let us suppose that the interference fringe pattern
with the modulated reference phase in can be written
as

f(x,y,30 ) = a(xy) + b(x,y) cos[o(xy) + 6,n' (4)

where k(xy) is the phase to be evaluated and a(xy)
and b(x,y) are the average fringe intensity and the
fringe contrast, respectively. In the fringe scanning
method, one of the mirrors is stepwise moved through
half of the wavelength so that the relative phase an of
the interferogram is changed:

an = 2r/N (N = 1,2,. . .N-1), (5)

where N denotes the number of mirror movements.
The irradiance at each point in the interference pat-
tern goes through one cycle of periodic variation. The
computer determines a best-fit sinusoidal function for
the irradiance vs the amount of phase shift at each
point of the interference pattern. The phase of the
best-fit function is a direct measure of the test wave-
front.

According to the fringe scanning phase detection
principle,12 summations with sinusoidal weights
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N-1
c(x,y) = E f(x,y,6 0) cos27rn/N,

n=O

N-1
s(x,y) = E f(xyen) sin27rn/N

n=O

(6)

(7)

are calculated to extract the sinusoidal parts of the
intensity variation. The phase of the interferograms
is given by

O(x,y) = tan' s(X,y)
c(x,y)

(8)

The calculated arctangent values are wrapped be-
tween i 7r rad. The unwrapped phase value gives the
correct shape corresponding to the phase profile.

C. Data Analysis Software System

To make automatic data acquisition and phase anal-
ysis, we developed a software system whose flow dia-
gram is shown in Fig. 4. If necessary, prior to entering
a main processing routine, preprocessing procedures
are performed. The preprocessing step includes the
piezoelectric translator calibration. The nonlinear
characteristic of the piezoelectric translator is mea-
sured. The coefficients of the calibration quadratic
curve of translation vs the input voltage are evaluat-
ed.13 By using these evaluated coefficients, a correct-
ed voltage is available for the phase-shifting proce-
dures.

In the first processing step, a series of interferograms
with different reference phases and the first-order re-
constructed image without the reference beam are
stored in a computer memory. This first-order recon-
structed image is used to reduce background noise in
the interferograms in the next step. Noise reduction
procedures are performed in the second step. TV
frame averaging, unweighted local averaging, and me-
dian filtering are used to reduce statistical noise in
interferograms. To obtain enhanced fringe contrast
and to reduce the background noise, the first-order
reconstructed image is subtracted from the interfero-
gram data. The phase of the interferogram is calculat-
ed according to Eq. (8). The computation of phase by
any inverse trigonometric function only provides
phase principal values between 7r rad. In the third
step, this phase unwrapping is performed. In the
postprocessing step, the aberration of the optical inter-
ferometer and the tilt phase term are subtracted from
the unwrapped phase data. Finally, calculated phase
data are displayed in an arbitrary format.

D. Noise Reduction

The noise sources to be considered in electron holo-
graphic interferometry are (1) phase irregularity in a
carbon film base which supports the specimen, (2)
speckle noise caused by dust and such in the optical
reconstruction system, (3) thickness irregularity and
scattering of a hologram, and (4) electronic statistical
noise: shot noise and thermal noise in a TV camera.

In spatial noise due to the first three sources, we use
noise reduction techniques by digital image processing

IMAGE DATA INPUT

Interference fringe
1-st order image

PRE-PROCESSING

TV frame integration
Median, average filtering

Subtraction of 1-st order image

DISPLAY

Grey level
Perspective

I END|

Fig. 4. Flow diagram of the software system for automatic data
acquisition and phase analysis.

including local averaging, median windowing, and
some spatial filtering. In particular, median window
filtering is powerful in reducing salt-and-pepper spa-
tial noise without reducing spatial resolution. Spa-
tially independent noise such as salt-and-pepper noise
in the analyzed phase distribution is serious enough to
perform phase unwrapping, resulting in fatal errors
near the phase discontinuity area. TV frame averag-
ing in time provides for reduction of the statistical
noise from the fourth statistical source above.

In addition to the technique mentioned above,
speckle noise due to the reconstructed optical system
could be reduced by using incoherent illumination to
decrease the effects of diffraction patterns from dust
and by using a liquid gate method to compensate phase
irregularity in a hologram surface.

IV. Experimental

As shown in Fig. 3, the experimental system is divid-
ed into two parts: optical and electronic. The optical
system used is a Twyman-Green interferometer with a
reference phase-modulation function. The fringe
analysis system consists of high-resolution TV camera
(Hamamatsu C1000), frame memory, piezoelectric
translator and its driver, and a DEC LSI-11/23 mini-
computer system. The video signal is converted to an
8-bit digital signal and stored in the frame memory of a
Hamamatsu C1901 with a 16-bit resolution. Because
of the 16-bit resolution in the intensity range, 256
frames maximum can be accumulated in the frame
memory to reduce statistical noise in the video signal.
A piezoelectric translator (Burleigh PZ-91) makes the
phase modulation. A programmable high voltage sup-
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Fig. 5. Magnified version of an electron hologram. Holographic
carrier fringes are observed between the arrows.
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Fig. 7. Interference micrograph of (a) magnetic particle and (b) its
fringe intensity profile along a central cross section.

Fig. 6. Reconstructed image of a cobalt particle. Fig. 8. Interferometric micrograms
phases.

with different reference

ply is developed in which a 12-bit Datel HK12BGC D-
A converter generates the reference signal.

Electron holograms are recorded in a 125-kV field-
emission electron microscope. The interference
fringes are magnified 30,000 times in the electron mi-
croscope and recorded on Kodak 4489 electron micro-
scope film as a hologram. The carrier frequency is 20
lines/mm. A magnified version of an electron holo-
gram is shown in Fig. 5. The specimen is a magnetic
cobalt particle mounted on a carbon thin film. Be-
tween the arrows indicated in the figure two electron
beams are the overlapped and interferometric fringes
obtained. The number of holographic carrier fringes
in this area is -250.

Figure 6 shows a reconstructed image of a cobalt
particle. The image is reconstructed without a refer-
ence beam in the optical system shown in Fig. 3. The
size of the particle is -2000 A. The speckle noise is
obvious in the reconstructed image.

The interferometric fringe pattern is shown in Fig.
7(a), which is obtained by superimposing the first-
order diffracted wave and the zero order from the
hologram of Fig. 5. An intensity profile along a central
cross section is shown in Fig. 7(b). The interferogram

has a salt-and-peppery appearance due to the random-
ness of the speckle. Five interference fringes are ob-
served in the reconstructed image. Since the particle
is verified to be planar and triangular by another meth-
od, the outer three fringes are due to the thickness
variation and the inner two fringes correspond to mag-
netic flux inside the particle.

Figure 8 shows interferograms with 7r/2 reference
phase difference. The principal values of the phase
are calculated according to Eq. (8). The calculated
phase distribution is shown in Fig. 9(a). Phase irregu-
larity from speckle noise is observed in the phase pro-
file along a central cross section shown in Fig. 9(b). By
using a 3 X 3 pixel median filtering window, this type of
phase irregularity is reduced as shown in Fig. 10.

Figure 11 shows a grey level version of an unwrapped
phase distribution and its profile along a central cross
section. In the unwrapped phase distribution, a tilted
phase term due to optical misalignment or a back-
ground phase is compensated by using a least-squares-
estimation method. A 3-D plot of the unwrapped
phase distribution is shown in Fig. 12.
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Fig. 9. Calculated phase distribution: (a) wrapped phase and (b)
its profile along a central cross section.
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Fig. 10. Result of median window filtering of phase distribution
shown in Fig. 9.

To evaluate the measurement noise or the accuracy
limit of the measurement, variance of the calculated
phase data is estimated. Figure 13 shows the phase
profiles for evaluation of measurement noise. The
phase profile (a) in Fig. 13 is an unfiltered phase ob-
tained by unwrapping the profile shown in Fig. 9(b).
Median filtering of the phase profile (a) gives the phase
profile (b), which corresponds to Fig. 11(b). The
phase profile (c) is the result of twice-applied median
filtering of the phase profile (b). The noise levels or
accuracy limits (a), (b), and (c) are estimated to be
1/50, 1/60, and 1/70 fringe spacing, respectively.

A-

(b)

aC
la

A

-B

0
Position

Fig. 11. (a) Unwrapped phase distribution and (b) its profile along
a central cross section.
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Fig. 12. Three-dimensional plot of the phase distribution shown in
Fig. 11.
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Fig. 13. Phase profiles in linear parts of Figs. 9(b) and 10(b).
Evaluated phase variances are 1/50 and 1/70 fringes, respectively.

In the phase amplification case, higher diffraction
orders are used to make interference fringes. If the
plus first order and the minus first order in reconstruc-
tion are used, the phase of the interferogram is magni-
fied by a factor of 2.
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V. Concluding Remarks

We have described the importance of the phase-
sensitive detection method in the electron holographic
microscope. The fringe scanning phase-detection
technique is applied to a phase-amplified holographic
fringe pattern recorded with magnetic field distribu-
tion. In the present experiment the measurement
accuracy is from about 1/50 to 1/70 fringe, depending
on filtering. This corresponds to a magnetic flux sen-
sitivity of from 6 X 10-17 to 8 X 10-17 Wb. Using
higher diffraction orders, a noise reduction technique,
and a more stable interferometer, we expect to obtain
much higher accuracy of the present situation. Ac-
cording to theoretical considerations 1/1000-fringe ac-
curacy for the fringe scanning algorithm is expected in
the ideal case.

This paper is based on one presented at the OSA
Topical Meeting on Holography, 31 Mar.-2 Apr. 1986.
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Books continued from page 376

Physics of New Laser Sources. Edited by N. ABRAHAM, F.
ARECCHI, A. MOORADIAN, and A. SONA. Plenum Press, New
York, 1986. 460 pp. $75.00.

This book is a collection of articles based on the lectures and
seminars presented at the NATO Advanced Study group of the
Europhysics School of Quantum Electronics which was held at Cen-
tro I Cappuccini, San Miniato, Tuscany, 11-21 July 1984. The
subject matter of the articles provides updated information for
young researchers and advanced graduate students who are already
engaged in the area of lasers or for those wishing to enter this area.
The topics covered are also likely to be of interest to both scientists
from industrial laboratories as well those in the academic community.

Abraham, Arecchi, Mooradian, and Sona assembled at the meet-
ing some of the world's pioneers in the laser field to lecture on the
developments of new laser sources currently available up to 1984.
The topics reviewed in this book are excimer, alexandrite, dye, pulse
compression, semiconductor, and C3 lasers, free electron lasers, syn-
chrotron radiation, and Er lasers to name a few. Articles on phase
conjugation and stimulated Raman scattering are also present.
Two important laser sources not covered in the text in any great
depth are other tunable solid-state lasers based on Cr+, V+, and Ti+
ions and the supercontinuum laser.

This book can help serve as a reference for the end laser user
community who needs to be informed about the state of the art of the
future laser generation and how to explore uses of these new laser
sources in future applications.

R. R. ALFANO

Laser Processing and Diagnostics: Proceedings of an Inter-
national Conference. Edited by D. BAUERLE Springer-Verlag,
New York, 1984. 551 pp. $34.00.

Laser Processing and Diagnostics is the proceedings of an inter-
national conference held in Linz, Austria, 15-19 July 1984. This
interdisciplinary conference was devoted to fundamental aspects
and applications of laser processing. The invited and contributed
papers contained in the proceedings volume are compiled into five
separate complementary chapters on topics ranging from basic stud-
ies of photophysical and photochemical processes at surfaces to
photo-assisted semiconductor processing and laser diagnostics of
gas phase and surface processes. The primary emphasis of the book
is in the area of laser processing of electronic materials. The papers
are generally well written, and the editor has organized them into a
coherent and logical format. Also, an extensive subject index has
been compiled; this is a valuable addition that is often lacking in
conference proceedings.

The first chapter is devoted to fundamental aspects of the interac-
tion between laser radiation and solid surfaces and applications of
transient heating methods for processing of electronic materials.
The chapter contains fifteen papers which address issues relating to
laser-induced phase transformations in Si, Ge, Te, GaAs, CdTe,
InSb, Si-on-insulator structures and metals. Since such a wide
variety of materials is treated, details concerning laser-solid interac-
tions in any single system are necessarily limited. Nevertheless, the
chapter provides a good introduction to laser annealing and tran-
sient processing and offers an informative survey of work in this
field.

The emphasis of the second chapter is on the photophysics and
photochemistry of gas-surface interactions. Although this is a rela-

continued on page 409
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